A quadratic Jacobi identity to the septic base is introduced and proved by means of modular lattices and codes over rings. As an application the theta series of all the 6-dimensional 7-modular lattices with an Hermitian structure over Qð ffiffiffiffiffiffi ffi À7 p Þ are derived. r
Introduction
The aim of this note is to introduce another bi-dimensional generalization of Jacobi's identity (1.1). Our main result is The proof techniques as in [19] are a combination of codes and lattices techniques. In particular, we will follow Bachoc's approach [1] for the construction of 7-modular lattices from codes over the ring F 2 Â F 2 :
Like the Borweins' cubic identity, our base 7 identity was unknown to Ramanujan [2] . However, when calculating the theta series of a famous 7-modular lattice (related to the polarization of the Klein curve) we encounter a formula akin to the ones in [6, 17] . It appears that our identity belongs to the septic analogue of Ramanujan's theories of elliptic functions to the alternative bases [3] .
Notations and definitions

Codes
Let R 4 denote the ring with 4 elements 
The symmetrized weight enumerator (swe) is then the polynomial of three variables X ; Y ; Z; defined by
Lattices
An n-dimensional lattice L is a discrete subgroup of R n : Its theta series is
where
; and q ¼ expðpizÞ; zAH; where
The lattice L is called integral if it is contained in its dual L n defined as
A topic of current interest in research is the study of modular lattices. The salient property of these lattices introduced by Quebbemann [16] is that their theta series is a modular form for a suitable subgroup of the modular group. Specifically, an integral lattice L is said to be c-modular [1, 13] 
Theorem 2.1 (Quebbemann [16, Theorem 7] ). Let
The theta series of an even 7-modular lattice is an isobaric polynomial in the two variables Að ffiffi ffi q p Þ and D 6 :
The special cusp form D 6 is called a CM-form in [15, (3.b) ] where an expansion as a twisted theta series attached to the quadratic form ½1; 0; 7 is given.
Preliminaries
Define the construction A K ðCÞ as the preimage in O n of CDR n 4 under reduction modulo 2. Specifically, Proof. If we set x ¼ m À na; then the norm form becomes
If we set x ¼ 1 þ 2ðm À naÞ; then the norm form becomes
In view of these expressions it is natural to look for an expression for y 2 involving q 2 : To that end, we shall require the following duplication formulas: 
From (4.4), we deduce that
For all zAH; we have
Proof. Writing x ¼ a þ 2ðm À naÞ we see that Since Z Â Z ¼ fm; nAZ j m even; n eveng,fm; nAZ j m odd; n oddg ,fm; nAZ j m odd; n eveng,fm; nAZ j m even; n oddg;
we may split the sum over ðm; nÞAZ Â Z in A and B into four sums and obtain the following system of two equations in y 2 ðqÞ and y 3 ðqÞ: which reduces to the desired identity. &
